Certain refinements and generalizations of some well known inequalities concerning the polynomials and their derivatives are obtained.
Inequality (1) is an immediate consequence of S.Bernstein's theorem (see [1] ) on the derivative of a trigonometric polynomial. Inequality (2) is a simple deduction from the maximum modulus principle (see [2, p. 346] or [3, p. 137] ).
Both the inequalities (1) and (2) are sharp and the equality in (1) and (2) 
Clearly (3) represents a refinement of (1) Aziz [5] showed that the bound in (3) can be considerably improved. In fact proved that if , then for every given real
As an application of Theorem 1, we mention the corresponding improvement of (8).
Theorem 2. If
, and for
where M  is defined by (5). The result is best possible and equality in (10) holds for   n i P z z e    . Here we also consider the class of polynomials n having no zero in P P  z k  , and present some generalizations of the inequalities (9) and (10). First we consider the case and prove the following result which is a generalization of inequality (9) .
where M  is defined by (5). Next result is a corresponding generalization of the inequality (10).
Theorem 4. If does not vanish in
where M  is defined by (5 
Lemmas
hese theorems, we need the following For the proofs of t lemmas. The first Lemma is due to A. Aziz [5] .
Lemma 1. If n P P  , then for 1 z  and for every real  ,
where M  is defined by (5). Lemma 2. If n P P  and for 
This Lemma is due to N. K. Govil [9] . Lemma 4. If 
  P z is a polynomial of degree n which does not vani sh in z k
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